
Some results from students' presentation from Complex Analysis 1

Jensen inequality for holomorphi
 fun
tions. Let f be a holomorphi
 fun
-

tion on U(0, R) su
h that f(0) 6= 0. Then for any r ∈ (0, R) the following inequality

holds:

log |f(0)| ≤
1

2π

∫
2π

0

log |f(reit)| dt

This inequality is proved within the presentation on Jensen formula and is used

in Se
tion IX.3 (in the proof of Theorem 13).

Theorem. Let f ∈ N be a fun
tion whi
h is not 
onstant zero. Let (αn) be all

its roots in U(0, 1) listed a

ording to thei
 multipli
ities. Then

∞∑
n=1

(1− |αn|) < ∞.

Blas
hke produ
ts. Let (αn) be a sequen
e P (0, 1) satisfying

∞∑
n=1

(1− |αn|) < ∞

and k ∈ N ∪ {0}. Then the formula

B(z) = zk
∞∏

n=1

αn − z

1− αnz

|αn|

αn

de�nes a holomorphi
 fun
tion on U(0, 1) whi
h has no roots ex
ept for the points

αn and zero (if k > 0).

These theorems are proved within the presentation on Blas
hke produ
ts. They

are used in Se
tion IX.3 to prove Lemma 16. The spa
e N is de�ned in Se
tion

IX.3 (and also in the respe
tive presentation).


