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Teorie

Véta 1 (prvni véta o substituci). Necht a,b, o, 3 € R*, a < b, a < . Necht F je
primitivn{ funkce k f na (a,b). Necht ¢ je funkce definovand na intervalu (a,3) s
hodnotami v (a,b), kterd mé v kazdém bodé («, B) vlastni derivaci. Pak

C
[ @)@ P, te @),
Véta 2 (druhd véta o substituci). Necht a,b, o, 8 € R*, a < b, a < . Necht ¢ :

(o, 8) — (a,b) ma v kazdém bodé nenulovou vlastni derivaci a ¢ ((a, 8)) = (a,b).
Necht f je funkce definovand na intervalu (a,b) a plati

/ﬂwmdwﬁgG@,tGMﬂ)

Pak
[1@aE et @), we @),
Hinty
) et — o7 623; -1 1— 6—2x
Sh = T = e T e
e + e~ 621‘ 4 1 1 + e—2x
cosh x = = =

2 2 2e®

tanh sinh = e —e* e — 1 1—e 2
annr = = = =
coshx e4+e* 2241 14e 22

coshzx eT+4e ™ 241 14e
cothz = — = = =
sinhx e*—e® 2 _-1 1—¢e 2

—sinh ()
cosh ()

sinh (—z

) =

cosh (—x)
cosh ?(z) — sinh ?(x) =
cosh (z +y) = sinh (z) - sinh (y) + cosh () - cosh (y)
sinh (z +y) = cosh (z) - sinh (y) + sinh (z) - cosh (y)
cosh (z) + sinh ()
cosh (z) — sinh ()
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Priklady

Urcete primitivni funkci k danym funkcim:

1. Goniometrické substituce

(a) f(z) = V4 —a?

1
(b) f(z) = A—2pn

2. Hyperbolické:

(2) f(z) =Va?+a?

(b) f(z) = Va?—a?

3. Smeés
(a) flz) = ——
a x—m
5
) I = =13

(0) flw) = /222
1
(d) f(:(}) = (.1'2 +CL2)3/2
m2
(©) f(o) = ——
$2
(@) f(2)=

T = ofi Kpoy ‘z/y =1i (pg) o

x = i Apey ‘TN (0g) e

V/(L+fi) =2 £poy ‘L —ap N =i (qg) e
(T — fur =z £poy ‘42 + TN =1i (vg) ®
1 quisp = (pg) e

7 ysoogh =1z (3g) e

7 ysoon = z (qg)

1 quisn = x (eg)

7 uelp oqou 7 yuisp = T (PT)
“rrogou quisp = x (97)

7500 oqau g uls = T (qT)

7500 ogau guls = T (®B[)
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